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EKOQNHZEIZ
OEMA 10
A. Na atrodeixBei 611 yia duo evdexdueva A kal B evog deiyuaTtikou xwpou Q

w

r.

loxvel P(A - B) = P(A) - P(A n B).
Movdadeg 8

Méte pia ouvdptnon f Aéue Ot gival TTapaAywyicIdn OTO ONUEIO Xg TOU
Trediou oplopoU TNG;
Movdadeg 4

Na dwaoete Tov 0pIou6 TNG dlauéoou (B) evog DeEiyHATOC V TTOPATNPACEWY,
OTav O v gival ApTIog apIBPOC.
Movadeg 3

Na XopakTnpioeTe TIC TIPOTACEIC TTOU AKOAouBouv, ypd@ovTag OTo
TETPAdIO 0a¢ BITTAQ OTO YPAUMA TTOU AVTIOTOIXEI O€ KABe TTpOTACN TN AEEN
2woTtd, av n mpdracn eival cwoth, n AdBog, av n TpdTacn Eeivai
AavBaopévn.

O. 2TNV TTEPITITWON TWV TTOCOTIKWY METABANTWY, OI ABPOIOTIKEC OXETIKES
ouxvotnteg F; ekppadouv 1O TTOCOOTO TWV TTAPATNPrCEWY TTOU Eival

MIKPOTEPEG 1 I0EC TNG TIUNG X;.
Movadeg 2

B. Av f, g eival dUo TTapaywyiCINEC CUVAPTAOEIG, TOTE I TNV TTAPAYWYO
TNG OUVBETNG oUVAPTNONG IOXUEL:

(f(g(x)))" = f(9(x)) - g"(x).
Movadeg 2

Av yia pia cuvdptnon f ioxuouv f'(xg) = 0 yia xo € (a, B), f'(x) > 0 oTo
(a, xg) ka1 f'(x) < 0 oTO (Xo, B), T6TE N f TTAPOUCIAlel oTO didoTnHa (a, B)
YIO X = Xg EAAXIOTO.

Movadeg 2
F2.Na ypdwere oT10 TETPAdIO ©OQC TIC TIAPAYWYOUC TWV TTOPAKATW
OUVAPTAOEWV:
f1(x) = x", OTTOU V PUOIKOG
f2(x) = In X, otTou x > 0
fa(x) = VX, otTou x > 0
fa(x) = ouv X, OTTOU X TTPAYMATIKOG

Movdadeg 4
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OEMA 20
Aivetal n ouvd@ptnon e TUTro f(x) = xe* + 3, OTTou X TTPAYHATIKOC apIBUOC.

a. Na atmrodeicere 611 f'(x) =f(x) +e* -3
Movdadeg 10

B. Na Bpebei 10 lximf(fi

—0 X" —x

Movdadeg 15
OEMA 3o

‘Eotw o deiypaTtikog xwpog Q ={-1,0,1, 2, 3, 4, 5} yia Tov OTT0i0 10X UEI:
P(-1)=P(0)=P(1) =P(2) =2 P(3) =2 P(4) =2 P(5).
OpiCoupe Ta evdexdueva Tou Q:
A={13x*-x=3} B={2,x+1,2xX+x-2,2x+1)}
OTTOU X EVAC TTPAYHATIKOG apIOUOC.

a. Na BpeBouv ol mBavdTNTEC TwV ATTAWY EVBEXOMEVWY Tou Q, dnAadr ol
P(-1), P(0), P(1), P(2), P(3), P(4), P(5).
Movadeg 7

B. Na Bpebei N povadikr TiPA Tou X yia TNV oTroia Ioxuet AN B ={-1, 3}
Movdadeg 8

y- lNax =-1 va deixBei o1
P(A) =511, P(B)=7/11, P(AN B) = 3/11
KAl 0T CUVEXEIQ va uTToAoyIoTouv ol TmBavotnteg P(A — B) kai P(A U B').
Movdadeg 10

OEMA 40

Oewpoupe 2 deiypata A kal B pe TTapatnproeig:
AEiY}JG A 12, 18, t3, t4, ..., to5
AEiY}JG B: 16, 14, t3, t4, ..., to5
Aivetal OTitz + t4 + ... + ty5 = 345.

o. Na atrodeigete OTI O HEOEG TIMEG X, , X, Kal Twv dUo delypdtwy A kal B
avrioToixa gival x, = x, = 15.
Movadeg 7

B. Av s’ eival n dlokUpavon Tou deiyparog A kal s; gival n SiokUPavon Tou
deiypatog B, va atrodeigete 611 55 — 55 = 16/25
Movdadeg 8

Y- Av 0 ouvTeAEOTAG PETABOARG Tou deiypatog A eival icog pe CVa = 1/15, va
Bpeite Tov ouvTteAeoTr peTaBoArig CV Tou deiypaTtog B.
Movdadeg 10
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AMANTHZEIZ
OEMA 10
A. Otwpia (Atrdvinon oto oxoA. BIBAio oeA. 152)
B.

a. Oewpia (ATTavinon oto oxoA. BIBAIO oeA. 22)
B. Oewpia (Atravrnon oto oXoA. BIBAIo oeA. 87)

M. a- 2z, B—o2, Yy > A
r2.

f17(x) = vx "7, XeR

fa’ (x)—1/x x>0

3" (X , x>0

3( ) 2\/—

f4'(X) = —nNux, XeR

OEMA 20

a. H f eival opiopévn kai Trapaywyiciyn oe Ao 10 R JE:
f'(x) = (xe*+3)" = +xe*=e"+f(x) -3
D161 f(X) = xe* + 3 < xe* =f(x) - 3

f'(x)—e* . e +f(x)-3-¢"
B-lim—>——=lim : =
x—0 —X x—0 X —X
f(X) 3 xe" +3-3 xe”
=1lim =lim——=——=Ilim
x—0 X - x—0 —X x—0 X(X 1)
e* e’ e*
= ]imX o1 —1. (Etmei®A n ouvdpTtnon g(x) = - gival ouvexng oto R
x—0 - - —

—{1} WG TTNAIKO CUVEXWYV CUVAPTHOEWV.)

OEMA 30

a. Apou Q ={-1,0,1, 2, 3, 4, 5}, eivai
P(Q)=1< P(-1)+P(0) + P(1) + P(2) + P(3) + P(4) + P(5) = 1.

‘EoTtw P(-1) = P(0)
Tote
P(=1) =P(0) = P(1) = P(2)

P(1) = P(2) = 2P(3) =2 P(4) = 2P(5) =

K, evi P(3)=P(4) = P(5) = /2.
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‘Etoi gival
K+K+K+K+ (K2)+(k/2)+(k/2) =1

4K+37K=1<:>8K+3K=2<:>11K=2<:>K:—

Apa
P(-1) = P(0) = P(1) = P(2) = 2/11 evw P(3) = P(4) = P(5) = 1/11.

B. ApoUANBcA={-13}c{1,3 x*-x-3}
Apa  -1e{1,3 x*-x-3}
Ométe X¥*—-x-3=-1oxX¥*-x-2=0x=2 f x=-1.

e [1ax =270 evdexduevo B ypdopetar: B ={2, 3, 8, -3}
Tote Opwg A n B = {3} = {-1, 3}
Apa n TIPA X = 2 ATTOPPITTTETA.

e [1ax=-1710¢evdexduevo B ypdagetar: B={2, 0, -1, 3}
Tote A n B ={-1, 3} kai n nipA x = —1 givai n nroupevn TiunA.

y-Max=-1¢eivatA={1,3, -1} ki B={2, 0, -1, 3}.
Toéte

5 3 2
P(A-B)=P(A)-P(ANB) =>-> ==
( ) = P(A)-P(AnB) TEETEET

e P(AUB’)=P(A)+P(B’)-PA~B)=
=P(A) + 1 - P(B) - [P(A) - P(A 1 B)] =

7 3 7
=1- AnB)=1-—+—=—
PB) + P B) 11 11 11
©EMA 40
a.
12+18+1, +1, +...+1,;  30+345
X, = : = =15
25 25
l6+14+¢, +1,+...+1,;, 304345
X, = : = =15
25 25
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B.

s? :2—15[(12—15)2 F(8=15)> +(t; —15) + ...+ (1, ~15)]
s? :2—15[(16—15)2 F(14=15)2 + (6, —15) + ..+ (1, ~15)]
1 16
Eron §2 -8 =—(3*+3"-1"-1*)=—.

-85 = )=2
Y-
G2_g2 16 8 S 16
A B

2 > 16 1 B > 16
=(Cv,) -(ev,) T 25152 225 (v,) T 2515

116 1 (. 16
CV 2:__ CV 2:— 1__
= (V) = s 25005 = (V) 225( 25)3

) SOV, =SV, =

CV.) = .
=(Cv.) 22525 15-5 25
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