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Fevikng MNaideiag
" Aukeiou 2001

EKOQNHZEIZ

ZATnHa 1o

A.1.

A.2,

B.1.

B.2.

B.3.

Na anodeieTe 0TI yia dUO evdexopeva A kal B evog dsiypaTikoUu Xwpou Q 1oXUEl OTI:
P (A-B) = P (A) - P (AnB).
Movadeg 8,5

Na peTapEpeTE OTO TETPADIO 0AC TIG NAPAKATW OXECEIG KAl VA CUMNANPWOETE KABEUIA and QUTEG
ME TO KATaAAnAo cuppolo, (=, <, =) €101 WOTE va €ival aAndng:
a. P(A") ... 1-P(A)

Movadeg 2
B. av AcB 1oTe P(B) ... P(A).

Movadeg 2

Na XapakTnpiosTe TIC MPOTACEIC NMOU akoAouBouv ypa@ovTac oTo TETPAdIO 0ag TNV &vOeign
ZwoTto N AdBog dinAa oTo ypdauua nou avTioToIXEl o8 KABs npoTaon.

Ta A kai B sival evdexoueva Tou idlou delypaTikoU Xwpou R kal A' To avTiBeTo Tou eVOEXOUEVOU
A.

a. AvA'c B 1ote P(A) + P(B) < 1.

B. Av P(A) = P(A") ToTe 2P(A) = P(Q).

Movadeg 4
Na ypaweTe oTo TETPAdIO 0aG TO YPAUMaA MOu avTIOTOIXEl OTN CwaTH anavTnaon.
Av AcB, P(A) = 1/4 ka1 P(B) = 5/12 16Te n P (AUB) €ival ion pe:
a. 1/4 B. 5/12 Y-2/3 0. 1/6.
Movadeg 2,5

Na ypawyeTe oTo TeTpadid oag Ta ypaupata NG ETAANG A kal dinAa og kKaGbe ypaupa Tov apibuo
™nG ZTAANG B, nou avTioToIXEi OTN OCwOTA anavrnon.
Ta A kai B sival evdexoueva Tou idiou delyuaTikoU Xwpou Q kal 1IoXUEl OTI:

P(A) = 1/3, P(B) =1/4 ka1 P(A~B) =1/5.

ZTAAN A ZTAAN B
a. P (A-B) 1. 1/20
B. P((B—A)') 2. 2/15
Y- P((AnB)) 3. 4/5
4. 1/12
5. 19/20
Movadeg 6
Texvikn Enegepyaoia: Keystone 1



ZATNHa 20

Aivetal n ouvaptnon f(x) = guvx+nux.
A. Na anoodeieTe o f(x) + f''(x) = 0.

Movadeg 8
B. Na Bpeite TNV €€iocwon TNG EQANTOUEVNG TNG YPAPIKAG napdaoTaong Tng f oto onueio A (0,1).
Movadeg 8
. Na Bpeite Tnv Tiun A<IR yia Tnv onoia 1oxUel N oxeon:
NG m =
Af j 2¢ j 2.
2 2
Movadeg 9

ZATnHa 30

>Tov NapakaTtw nivaka OivETAl N KATAVOWUN TwV aBpoICTIKWV OXETIKWV CUXVOTATWV Tou PBapoug 80
padntwv TG I Ta&ng evog Aukeiou. Ta dedopeva £xouv opadonolinBei og 4 kKAACEIC.

Bapog o€ kIAG A9p0|o-r|!<r'1 SIXETIKN
[-) zuyvornTa F;
45-55 0,2
55-65 0,5
65-75
75-85

A. Av yvwpileTe OTI N OXETIKN OUXVOTNTA TNG TPIiTNG KAAQONG €ival dINAACIa TNG OXETIKNG OUXVOTNTAG TNG
npwWTNG KAGONG, va BPEITE TIC TIUEC TNG ABPOICTIKAG OXETIKAG OUXVOTNTAC MOU AVTIOTOIXOUV OTnV
TPITN KAl TETAPTN KAGoN.

Movadeg 8
B. Na unoAoyiosTe Tn YEON TIUN TWV NApanavw OeDOUEVWV.
Movadeg 9
. EniA&youps Tuxaia and 1o dsiypa Twv 80 padntwyv £va padnrn.
a. Na Bpeite TNV MIBAvOTNTA va £XEl BAPOG PIKPOTEPO ano 65 KIAQ.
Movadeg 4

B. Na Bpeite TNV MBaAvOTNTA 0 HABNTAC va £XEl BAPOC HEYAAUTEPO I i00 Twv 55 KIAWV Kal PIKPOTEPO
TWV 75 KIA®V.
Movadeg 4

Texvikn Enegepyaoia: Keystone 2



ZATnHa 40

>€ €pEUVa MOU EYIVE OTOUC MABNTEC MIAG MOANG, yia Tov XpOVo Mou KAvouv va ndve anod To oniTl OTo
oxoAeio, dianioTwlnke 0TI To 50% nepinou Twv padnTwv XpelaleTal NEpICCOTEPO and 12 AenTd, evw TO
16% nepinou xpeialetal Aiyotepo ano 10 AsnTa.

YNoBETOUUE OTI N KATAVOUN TOU XPpOVou TG d1adpoung ival KaTa Npoosyyion Kavoviki.

A. Na Bpeite To yEgo Xpovo diadpouns Twv PabnTwv Kal TNV TUniKA anokAion Tou Xpovou Jiadpoung
TOUCG.
Movadeg 6

B. Na £&sTaoeTe, av 1o deiyua €ival OYOIOYEVEC.
Movadeg 6

F. Av ol padnTeg Tng NOAng sivar 4.000, nocol padnTteg Ba kavouv Xpovo diadpoung and 14 wg 16
AEMTA.
Movadeg 6

A. Miag pepa, AOYw EpYwV OTOV KEVTPIKO OpOMO TNG MOANG, kKaBe pabntng kabuoTepnos 5 Aentda. Na
Bpeite NO00 PETABAAAETAI O CUVTEAEDTNG PETABOANRG (CV).
Movadeg 7

Texvikn Enegepyaoia: Keystone 3



AMNANTHZEIZ

ZATnHa 1o
A.1. Eneidn Ta evdexopeva A-B kal A~B eival acupBiBaoTa kar (A-B) U (A~B) = A
'EXOUE:
P(A) = P(A-B) + P(A~B)
Apa:

P(A-B) = P(A) - P(AB)

A.2. a. P(A) =1 - P(A)
B. AcB TOTE: P(B) > P(A)

B.1. a.
Apou
A'cB =>PA)<P(B)=1-PA)<PB) =
= P(B) + P(A) > 1

Apa:
a. Aabog
B.
Ensidn:
P(A) = P(A") =
P(A) =1-P(A) >
2P(A) = 1
2P(A) = P(Q)
Apa:
B. ZwoTd
B.2. Aqou:
AcB=A~B=A
onoTe:
P(A~B) = P(A) = 1/4
Enopévwg:
P(AUB) = P(A) + P(B) - P(A~B) = 1/4 + 5/12 - 1/4 = 5/12
Apa:
B. ZwoTd
B.3.
e P(A-B) =P(A)-PA~B)=1/3-1/5=2/15
P(B-A)) =1-P(B-A)=1-[P(B)-PA~B)] =
=1-PB)+PA~B)=1-1/4+1/5=3/4+1/5=19/20
e P((A~B)) =1-P(A~B)=1-1/5=4/5
Apa:

<™®a
T1¢
wWouN

Texvikn Enegepyaoia: Keystone



ZATNHa 20

A. H ouvapTtnon f €ival opioyevn kal napaywyioiyn 2 gopeg oto R pe:

f”' (X) = (Ouv X + NU X)' = —nNU X + OUV X.
f (X)=(-nNUuX+0ouvx) =-0uvxX-nyx
Apa:
f(X)+f (X)=0UVX+nNUX-0UvX-nux=D0.
. 'Eotw w =ax + B negiowon Tng epantopevng Tng Cr aTo onpeio A (0,1).

ToTe Oa sivai:

'Ouwg
f' (X) = - nu X+ ouv X, onoTe:

f"(0)=-nu0+ouv0=1

Apa n €iowon TNG epanToPEVNG €ival:

y=x+1
. Eivar:
V4 V4 V4
1 —|=-nu—+ovv—=-1.
f{zj - 5
V4 V4 V4
—|=ovv—+nu—=1.
f(zj L
Enopévwg:
V4 V4
A-fl—=1-2fl - |=2¢<
A5
oA (ED)-21=2¢<
&S -A-2-=2
Apa:
A=-4

Texvikn Enegepyaoia: Keystone



ZATnHa 30

A. Enegidn n oxeTikn ouxvoTnTa f; €ival dinAkacia tng f; = F; = 0,2

'EXOUE:
f3=2f=202=0,4
Akoua:
F2:f1+f2<2>0,5 =0,2+f2<2>f2: 0,3

Aanl’]VO’Xéon fit+hHh+FfH+f=1

'EXOUE:
02+03+04+f=1fR=1-09=0,1
Apa:
f1 = 0,2, f2 = 0,3, f3 = 0,4 Kal f4 :0,1
Apa:
Fz:= f+H+f=0,9 kar F; =1
B. Eivai:
V.
fz‘ =— SV, =V fz
v
Eneidn 1o peyebog Tou deiypaTog gival v = 80, oI avTIOTOIXEG OUXVOTNTEG V; ME i = 1, 2, 3, 4 &ival:
vi; = 80:0,2 = 16
v, = 80:0,3 = 24
v; = 80:0,4 = 32
vq = 80:0,1 =8
KaTtaokeualoupe Tov napakaTtw nivaka:
[-) Xi Vi fi Fi ViXj
45 - 55 50 16 0,2 0,2 50-16 = 800
55 -65 60 24 0,3 0,5 60:24 = 1440
65 -75 70 32 0,4 0,9 70:32 = 2240
75 -85 80 8 0,1 1 80:8 = 640
v =80 1
Apa:
- 1< 1
X ==Y v,x, =—-(800 +1440 + 2240 + 640) =
v 80
1
=—-5120=064
80
r.
a. Av A €ival To evOeXOUEVO "BAPOG PIKPOTEPO anod 65 kIAG" ToTe n mBavoTnTa P(A) eivar:
P(A) = 16 +24 :ﬂ:l
80 80 2
B. Av B e€ival To evdexOuevo "BApog peyaAUTePO N i00 TwV 55 KIAWV Kal YIKPOTEPO TwV 75
KIAWV" TOTE N mBavoTnTa P(B) civar:

24+32 56 17

P(B) = =—=
®) 80 80 10

Texvikn Enegepyaoia: Keystone



ZATnHa 40

A. ApouU 10 50% TwV pabnTtwv XpeialeTal NepIcoOOTEPO anod 12 Aentd, npokUNTEl OTI:
x=12.
Engidn 10 16% XpeialeTal AiyoTepo ano 10 Aenta, npokunTel 0TI and 10 ewg 12 AenTa xpeialeTal 1o
(50 - 16)% = 34% = (68/2)% TwvV HadnTwv.

Apa:
x-s =1012-5s =105, =2
B. Eivar:
2 1 .
cr, :ST’“:—:— nepinou 16,6%.
x 12 6

Engidn 16,6% > 10%, npokunTel 0TI TO OEiya €ival AVOUOIOYEVEG.

. 'Exoupe:
x=12
x+s =14
x+2-s =16

To NooooTo TWV YabnTwv Nou kavouv Xpovo diadpoung anod 14 €wg 16 AenTta Ba sival:

(95 — 68}% =13,5%

‘Apa 1o {nToUpEvVOo NANBOC sivai:

40000 - 13,5
100

=40-13,5 =540

A. ApouU n kaBuaTepnon yia kabe pabnTtn ival 5 Aenta £xoupe cUPPWvVa PE TNV papuoyn 3 oeAida 99
Tou OXOA. BIBAiou OTI:

H vea peon Tiun €ivai:
w=x+5=12+5=17

H véa Tunikn anokAion €ivai:

onoTE:

)

2
CV,=—+=-"nepinou 11,7%.
v 17

‘Apa n peTaBoAn sival nepinou 5%.

Texvikn Enegepyaoia: Keystone



